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ABSTRACT:The aim of present paper is to find the  Fekete-Szego inequality for the Starlike 

and Convex functions associated with Leaf-Like domains. Furthermore, similar study has 

done for convolution of functions. 

 

Introduction: 

Let A denote the class of functions f having the Taylor series expansion 

  





2n

n

n zazzf  

in the region  1;  zzE . We have subfamily G of A , which consists univalent 

functions.  
The work of Raina and Sokol [2], Sokol ans Thomas [3] and Hari Priya [1] motivates us to 

introduce the function    3
1

31 zzzl  which  maps the unit disc onto analytic and univalent 

region which has the shape of a leaf-like. This function has a symmetry with respect to the 

real axis. Real part of this function is positivewith conditions     100  ll . Following 

Lemma plays an important role to prove our results 

Lemma1: Let    3

3

2

211 zczczczP be an analytic function in the region E  with 

the property   10 P  then  

2nc  for all 1n  and 
2

2
2

2

1
2

1
2

cc
c  . 

P is the class of all such functions which has the property of positive real part. 

Lemma2: Let the analytic function    3

3

2

211 zczczczP , which have positive real  

part, then we have 

 

 

here  is the complex number 

Functions  
2
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1

1

z

z
zP




  and  

z

z
zP




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1

1
 provides the sharp result. 

Fekete Szego coefficient function for the function f  in the class .*S  

Theorem 1: If *Sf  then  

 12,1max
2

12

23  aa  

And the result is sharp. 

 12,1max22

12  cc
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Proof. If *Sf  then for the Schwartz function w  with   00 w and   1zw  we have 

 
 

    3 3
1 zwzw

zf

zfz



                                                                    (1.1) 

we have  
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                                         (1.2) 

From this  , we have the right side of (1.1) 
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Now as we have the function  
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Now from (1.1), (1.3) and (1.4) , we have  
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Equating coefficients of z , we get 

2
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c
a       and  

4

2
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c
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So we have  
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ccaa                                                      (1.5) 

Now applying lemma 2 on the equation (1.5) , then we have  
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The result is sharp. 

Fekete Szego coefficient function for the function f in the class .K  

Theorem 2: If Kf  then  
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And the result is sharp. 

Proof. If Kf  then for the  Schwartz function w  with   00 w and   1zw  we have 
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we have 
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From this  , we have the right side of (2.1) 
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Now as we have the function  
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Now from (2.1), (2.3) and (2.4) , we have  
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Equating coefficients of z , we get 
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12

2
3

c
a   
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Now applying lemma 2 on the equation (2.5) , then we have  
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The result is sharp. 

Theorem 3:Fekete Szegö coefficient function for the fuction f  in the class  gfSf  
.
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Proof. If  gfSf   then for the Schwartz function w  with   00 w and   1zw  we 

have 
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From this  , we have the right side of (1.1) 
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Now as we have the function  
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Equating coefficients of z , we get 
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Now applying lemma 2 on the equation (3.5) , then we have  
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The result is sharp. 
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